BAI TAP VE NHA - Toan 12 - Bai 6
Vectd trong khong gian

Ho va tén: Ngay:

DANG 1. Nhdn biét vectd bdng nhau, ddi nhau

Ggiy: haivectd bdng nhau khi cling hudng va cling dé dai; ddi nhau khi ngugc hudng va cling
dd dai. Trudc hét xem hai gid cé song song hodic trung nhau khéng.

Bai 1. Cho hinh hdp ABCD.MNPQ nhu hinh bén dudi (cdc dinh M, N, P, Q 1an lugt ndm
trén A, B, C, D).

béng AD.
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Bai 2. M6t cdnh clra s6 lua hinh chif nhat trugt ngang trén ray, tir vi tri déng sang vi
trima, di dugc 60 cm.

a) Bén géc clia cdnh clra dich chuyén theo bén vects. Bdn vecta dy ¢é bdng nhau
khong? Visao?

b) Sau dé déng clra vé dung vi tri cii. Vectd dich chuyén clia mdi géc luc déng lién
hé thé nao véi lic md? Téng cla hai vecta dy la gi?

DANG 2. Rit gon tong, hiéu cdc vecto

Ggi y: thay mdi vectd bdng mdt vects bdng né dé ching chung géc hodic ndi dudi nhau, réi
dung quy tdc ba diém, quy tdc hiéu, quy tdc hinh hop.

Bai 3. Cho hinh hdp ABCD.MNPQ (hinh & Dang 1). Rat gon cdc biéu thic sau.
a) AD + AM + QP
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Bdi 4. Cho bén diém E, F, G, H bat ki trong khéng gian.

a) Rut gon EF + GH + FG.

DANG 3. Biéu dién mot vectd theo ba vecta cho trudc

Ggiy: ditlr diém ddu t8i diém cudi doc theo cdc canh, réi déi titng doan vé ba vectd dé cho;
trung diém thi nhan véi 5.

Bai 5. Cho hinh hép ABCD.MNPQ (hinh 3 Dang 1). D4t AB =i, AD = v, AM = W. Goi E

l&1 trung diém cla MN, F l& trung diém clia BC. Biéu dién cdc vectd sau theo U, v, W.
a) AE
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Bai 6. Cho hinh chép S.EFGH c6 ddy EFGH la hinh binh hanh tam K.
a) Chiing minh SE + SG = 25K.

DANG 4. Tinh tich vo huéng va goc

Gaiy: @-b = |@|-|b|-cos(d, b). Muén tim gdc giita hai vects thi dua ching vé chung géc. Hai
vectd vudng gdéc thi tich vd hudng bdng O.

Bai 7. Cho hinh l&p phuong ABCD.MNPQ cé canh bdng 3 (hinh bén dudi).
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a) Tinh AB-AC.
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c) Tinh géc giita hai vects AN va BP.

Bdi 8. Cho t( dién D.ABC cé DA, DB, DC déi mdt vudng géc, DA = DB = 2, DC = 1.

a) Tinh BA - BC.

Bai 9. Trong mot tro choi ba chiéu, mdy tinh tinh d6 sdng clia mot mét phdng nhd
bdng tich vé hudng 7 -1, trong d6 A la vecta vudng géc véi mdt, T1a vects chi vé phia
nguén sdng, cé hai cé dé dai bdng 1.

a) Géc giita 7 va Tl 60°. Tinh d6 sdng.
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c) Do sang do dugc la ? Tinh géc giira A var .

Bai 10. Mét con ong rdi t6, bay 4 m vé hudng déng, réi 4 m vé hudng bdc, rdi bay
théng I&n cao 7 m. Coi ba chéng bay la ba vects &, b, ¢ d6i moét vudng géc. Dung
tich vé hudng, tinh khodng cdch tir con ong téi td.
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LGOI GIAI - Toan 12 - B&i 6

Vecto trong khong gian

DANG 1. Nhan biét vectas bdng nhau, ddi nhau

Cach lam. Budc 1: xem hai gid c6 song song hodc trung nhau khéng (khéng thi hai vecto
khong cling phuang, logi ngay).

Budc 2: so hudng va d6 dai. Cling hudng, cing d6 dai: bdng nhau. Ngudc hudng, clng
do dai: déi nhau.

Trong hinh hdp, cdc canh song song thi bdng nhau, nén chi cén dé y chiéu miii tén.

Bai 1.
a) Cdc canh BC, MQ, NP song song va ddi bdng AD; chon chiéu miii tén cling huéng
v6i AD. Dép dn: | BC, MG, NP |

b) Canh qua P song song v8i AM 1 PC. Vectd PC di xuéng, ngudc hudng véi AM, va
PC=AM. Ddpan:

c) AM = CP nén ti gidc ACPM 14 hinh binh hanh. Do dé AC song song va béng MP,
hai vectd cung huéng. Ddp dn: ‘ Cé,AC = MP

Bai 2.

a) Cdcdnhcliatrugt song song véiray nén béon vectd dich chuyén cé gid song song
(hodc trung nhau), cung hudng, cung dd dai 60 cm.

Ddp an: ‘ Bén vectd bdng nhau ]

b) Llc déng, méi géc dingudc lai dung quéng dudng cii, nén vectd liic déng ngudc
hudng va clung d6 dai véi vecta lic ma.

Ddp an: ‘ Paéi nhau; téng béing 0 ]

DANG 2. Rut gon tong, hiéu cac vecto

Cdch lam. Quy tdc ba diém: AB + BC = AC. Quy tdc hiéu: OB - OA = AB.
Quy tdc hinh hdp (hinh hép ABCD.MNPQ): AB + AD + AM = AP, tiic |la téng ciia ba vectd
ndm trén ba canh chung mét dinh bdng vects dudng chéo xudt phat tir dinh dé.

Bai 3.
a) AD + AM = AQ (quy téc hinh binh hanh trong m&t ADQM). R6i AQ + QP = AP (quy
tdc ba diém). Ddp dan:
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b) Ba vectd ndm trén ba canh chung dinh B. Theo quy tdc hinh hop, téng la vectd
dudng chéo xudt phattirB. Ddp dn:

c) AP-AM = MP(quy téc hiéu). AB = MNnénMP-MN = NP. Ddp an: ‘ NP (ciing béng AD) ]

Bai 4.
a) D3&ichd dé cdc vectd ndi dudinhau, EF + FG+ GH =EG + GH. Ddp an:

b) V& trdi= EF + FG = EG. V& phdi = EH + HG = EG. Hai vé cing bang EG. Ddp dén:
‘ Hai vé& cling bang EG

DANG 3. Biéu dién mét vectd theo ba vectd cho trudc

Cach lam. Budc 1: viét vectd cdn tim thanh téng cdc vects néi dudi nhau doc theo cdc
canh.

Budc 2: thay mdi vects bdng vectds bdng né trong ba vects dé cho (nlra canh thi nhan
vGi %).

Né&u /1a trung diém ctia AB thi véi moi diém O, OA + OB = 20!I.

Bai 5.

a) AE = AM + ME = w + ;MN, ma MN = @. dec’m:‘,ﬁ: U+ W

N

Bai 6.
a) Klatrung diémcla EGnénKE+KG = 0. Do d6 SE+SG = (SK+KE)+(SK+KG) = 25K.
Pép an: | SE+ 56 = 25K |

b) K ciing la trung diém ctia FH nén SF + SH = 2SK. Cong véi két qué cdu trén.

Ddp an:

DANG 4. Tinh tich v6 hudng va goc

Cach lam. Cdch 1 (dung dinh nghia): dua hai vecto vé chung géc, tim géc, roéi nhan dé
dai véi césin clia goc.

Cdch 2 (tdch vectd): viét mdi vectd thanh téng, hiéu clia cdc vects dd biét do dai va
géc, nhan phéan phéi, bé gdc cdp vudng goéc. Nh6 G- @ = |d|>.

Tim géc: cos(@, b) = qa-ba .
lal - 1b]
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Bai 7.
a) ABCDIahinhvudngnénAC = 3v/2vagéc BAC = 45°. Vay AB-AC = 3-3@-? =
Ddp an: @
b) AC, AN, CN la ba dudng chéo clia ba mdt hinh vudng nén cung bdng 3v2, tam
giGc ACN déu, géc CAN = 60°. Vay AC-AN = 3v/2-3V2.- % -9. Pépan:[9]

c) PatAB =1, AD = v, AM = W (d6i mdt vudng goc, dd dai 3). AN=U+W,BP=vV+W
nén AN-BP =w- W =9. M(‘:AN=BP=3\/§néncc“)sincfmlgc')cbc‘ilng3

18
Ddp an:

Bai 8.

NI—‘

a) BA = DA-DB, BC = DC - DB. Nhén ra, cdc tich DA -DC, DA - DB, DB - DC déu béng
0, chicon DB - DB = 22.

Ddp an: @

b) BA =+/22+22=2/2,BC=+22+12=+5. Vdy cos ABC = 4 2 :
2v2-V/5 10
Ddp an: cosA/B\C:\/%_0
Bai 9.

a) A-1=1-1-cos60°. Ddp an:
b) 7 -1 = cos(f, 1) 16n nhét béing 1khi géc bdng 0° (anh sdng chiéu thdng vao mét);

bdng O khi géc bdng 90° (dnh sdng lust doc theo mdt).
Ddp dan: ‘ Sdng nhat, 0°; dé sang 0, 90° ’

L+ V3 . -
c) cos(n, /) = - Padp an:

-

B&i10. D6 dich chuyénla @+ b + &. Viba vects d6i mdt vudng géc nénd-b=b-¢ =
¢-3=0,dodd |a+b+&|2=13d|2+|b|2+|8|2=16+16 + 49 = 81.

Padp dan:
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